E(W¢ —)* | F5)
Y =W, —Wg
E[(W¢ —t)* | ] =E[(W, +Y)* - t)* | F]

E[(W2 +2W,Y + Y2 —1)? | F,] = E[(W2 — 5) + 2W,Y +Y? —t +5)* | T4
(W2 —8)+2W,Y + Y2 —t+5)2 = (W2 —s)2 +4WAY2+ Y4+ (t — 5)%+
+4(W2 = )WY +2(W2 — 5)Y2 —2(W2 — s)(t — 5)+

HAW, Y3 — AW, Y (t — s) — 2Y2(t — 5)

E(W2 —1)? | Fo) = (W2 = 5)2 +4W2(t — s) + 2(t — 5)*

t K] t2—82
E(/ Wfdr|3’s):/ W2dr + (W2 — s)(t — s) +
0 0 2

t s
E<4/ Wfdr|3"s) 4/ W2dr = 4W2(t — s) + 2(t — 5)2
0 0

(Wt—t /Wer]CF (W2 — 5)2 /Wer

Osservazione (di Francesco Romeo — Romeo ¢ il cognome). Se conside-
riamo il processo

B; = 4tW7? — 212
e calcoliamo
E(By | Fs) = 4t(W2+t—5)—2t> = 44W2 +2t° —dts = 44W2 +2(t — 5)* — 25>
E(B; | Fs) = 4(t — s)W2 + 4sW2 4+ 2(t — 5) — 257
E(B; | Fs) = By + 4W2(t — s) + 2(t — 5)*

da cui anche (W2 — t)? — B; ¢ una martingala! Giusto, ma B; non & un
processo a traiettorie crescenti come invece lo sono le traiettorie di

"t
Ay = / W2 dr
0



